CHU PE 3: VECTO TRONG KHONG GIAN

I. LY THUYET TRONG TAM
1. Pinh nghia:

Vecto trong khong gian 1a mét doan thing c6 hudng. Ki hiéu 4B chi vecto co diém dau A, diém

cuoi B. Vecto condugc ki hiéula a, b, c....

2. Cic quy tic vé vecto

=  Quy tic 3 diém: AC = AB+ BC hoidc AC = BC - BA

= Quy téc hinh binh hanh: Cho hinh binh hanh ACBD ta
co: AC = AB+ AD

= Quy tic trung diém: Néu M 1a trung diém cua 4B thi
MA+MB =0

= Quy tic trung tuyén: Néu AP 13 trung tuyén cua tam
gisc ABC thi E}:%{A—mﬁ)

BA+BC =2BN

Twong tu hinh bén ta co: { .
CB+CA=2CM

= Quy tic trong tim: Néu G 13 trong tdm tam giac ABC
thi GA+GB+GC =0

Khi d6 voi moi diém M ta co: MA + MB + MC =3MG

= Quy tic hinh hdp: Cho hinh hop ABCD.A'B'C’D’
thi AB+AD+ AA4'= AC'

Chitng minh:

Ta c6: ACC’A’ 1a hinh binh hanh nén AC'= AC + A4’

Tuong ty: AC = AB+ AD suyra AC'= AB+ AD+ AA’

Chi y: Néu G la trong tam tr dién ABCD, ta c6: [ ./

GA+GB+GC+GD =0 o &

3. Swdong phing cia cic vecto, diéu kién dé va vecto dong phing
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Dinh nghia: Ba vecto goi la dong phing néu cac gia clia ching cling song song vi mot mit phang.

Diéu kién dé ba vecto dong phing:

= Dinh li 1: Diéu kién cin va du dé ba vecto @, b, ¢ dong phing 14 @ va b cung phuong

hodc ton tai cac so m, n duy nhat sao cho ¢ =m.a+nb
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= Dinh li 2: Néu a, b, ¢ la ba vecto khong ddng phing thi véi mdi vecto d trong khong
gian, ta tim duogc cac s6 m, n, p duy nhét sao cho
4. Tich v huwong cia 2 vecto 4 ‘:-.
Goc gitra 2 vecto @ va b khic 0 duogc dinh nghia bing
goc AOB v6i OA=a; OB=b T
Néu a hodc b bing 0 ta quy udc goc gitra ching co thé = ' o -
i

nhdn mot gia tri thy v. e S

Tich vo6 hudng gitta 2 vecto a va b la mdt so, duge ki

hiéu ab va duoc xac dinh bai ab :|E:|.|B|cos(;z;5] tir do suy ra cosin goc gilta 2 vecto a va b la

a.b

e

Pic biét khi a 1 b < cos[a;ﬁ) 0 ab=0

COS(&;B) =

Tinh chét; Cho 3 vecto a. b, ¢ vasd thue k. Khi do ta co:
i) ab=bha ii) a(5+5):ﬁf)+a.é

2

2 —_

=a

a

>

iii) (k&]?; = k(&.?;] +a. [k}}) iv)

Vecto chi phwrong ciia dwong thang:

Vecto a # 0 duogce goi la vecto chi phurong cua dudng thing 4 néu gia cua vecto @ song song hodc tring
véi duong thang d

Mot duong thang d trong khong gian hoan toan xac dinh néu biét mot diém A thude d va mot vecto chi
phuong a cua dudmg thang d.

Ung dung ciia tich vé huéng

Tinh do dai doan thfmg AB: AB= |E‘ = \/ﬁ
Xiac dinh goc gitra hai vecto: cos(E;f{;) = ﬁ%
al.

I1. CAC DANG TOAN TRONG TAM VA PHUONG PHAP GIAI

Dang 1: Chirng minh cac dﬁng thirc vecto, chirng minh 3 vecto d("mg phﬁng.
Phwong phap giai:

Dé chimg minh ba vecto dong phing, ta c6 thé chimg minh bang mét trong céc cach:

e Chiig minh céc gia cua ba vecto cling song song v&i mot mat phang.
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e Duya vao diéu kién dé ba vecto ddng phing: tn tai cac s m. n duy nhit sao cho ¢ = m.a+nb thi3
vecto a, b, ¢ ddng phing.
Dé biéu dién vecto x theo 3 vecto a, b, ¢ khéng dong phing ta tim dugc céc s6 m, n, p duy nhét sao

cho x=ma+nb+ pc

Vi du 1: Cho tir dién ABCD. Goi [ va J la trung diém cua AB va CD.

a) Hay biéu dién vecto IJ theo 3 vecto AB, AC, AD

b) Goi G li trong tim tam gidc BCD. Hay biéu dién vecto AG theo 3 vecto AB, AC, AD

Lovi gidi

a) Taco: ﬂ:(ﬁ-s—?.}),mijtkhéc ﬁ:—ﬁ:—%AB

AT = %(,TE 7l A_ﬁ)(tinh chét trung diém)

gy Mol

D66 I <t AP A~ AD
2 2 2

5

AB = 4G+ GB R = '|'

L e ; J . (r =
b) Tacé: § AC = AG+GC cong vé theo vé ta duogc: e

AD = 4G +GD W

g e e——oy G sss

Miit khic GB+GC+GD =0 (do G 14 trong tim tam gidc BCD). Do viy 4G = W

Vi du 2: Cho tir dién ABCD. Liy cac diém M va N lin luot thue 4D va BC sao cho AM =3MD,
NB=-3NC.Biét AB=a, CD=b.
a) Hay biéu dién vecto MN theo a va b
by Goi Pva Q lan luot 1a trun diém cua 4D va BC. Chirng minh réng ba vecto MN, DC, P—Q dé‘mg
phang.

¢) Goi G la trung diém cta PQ, chimg minh ring G la trong tam tir dién ABCD.

Loi giai
a) Taco: MN =MD+ DC +CN (1) 4
Laic():m=m+ﬁ+§ﬁ(2) , \ i
Lay (2)+3.(l) ta duoc 4MN = AB +3DC 4 I". ’r;. %
B {_ N TJL:I_ o _/" » i}
: iy
« A

e ™ A |
@ ™

\

¢ '\' o
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Bl TN =tk
4 4

. |MN=MP+PQ+QON _— — —.
b) Tacé:___. . _—. —_ _=2MN=PO+DC
MN =MD+ DC +CN

Suy ra MN :%(@#ﬁf) — ba vecto MN, DC , PO ddng phing.

ﬁ+@=2§5 oo o Sy By g W
. __:>GA+GB+(:C+GD=2(GP+GQ)

¢) Theo tinh chit trung diém ta co: =
GB+GC=2G0

Mit khic GP+GO =0= GA+GB+GC +GD =0 = G la trong tam tir dién ABCD.

Vi du 3: Cho hinh ling tru tam giac ABC.A’ B'C'c¢6 AAd'=a, AB=b, AC=c
Goi / va J lan luot 14 trung diém ctua BB’ va A'C’, diém K thude B'C sao cho KC'=-2KB'

a) Hay biéu thj vecto B'C; CI va BJ qua3vecto a, b, ¢

b) Biéu thj vecto AK theo vecto A/ va AJ tirdé suy ra 3 vecto AK , Al, AJ dong phang.

Loi gidi
a) Taco: B'C=B'C'+B'B (theo quy tic hinh binh hanh) A ) :‘F l EY
Suyra B'C=BC+A'A=AC-AB-Ad'=c—b-a AL S 2
Lai o6: CT = CB+ BT = (4B~ AC)+ BB = b-c+a \  /pY
Mitkhac: \ f S %
— — — s e EaS——— e u —— o - ll'\I |I,J -" ,|r III|
BJ=:E?,f1+.;=1.a"+A'J=—A;5'+A'C'=—b+¢;-+lA{Z‘=—¢":a+a+E T
2 2 § M= e * e
& '
II|
b) Tacé: AK = Al +1B'+B'K (1) N\
B

AK = 47 +JC'+C'K (2)
Lay 2.(1)+(2) ta duoe:

3AK =241 + AJ +2IB'+ JC'+2B' K+ C'K=2AI + AJ + BB'+ A'J =241 + AJ + AJ
\_v_"

]

———s

Vay AK =§(ﬁ+ AJ).

Vi dy 4: Cho hinh hop ABCD.A'B'C'D’. Pat BA=a, BB'=b, BC =c¢. Goi M va N lan luot 12 hai diém
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nam trén AC va DC sao cho MN/BD'. Tinh ty s6 —

Léi gidi

Giasit: MC=nAC, C'N=mC'D
Tacé: BD'=BD+DD'=BA+BC+DD'=a+b+c
Lai co: MN=MC+CC'+CN=nAC+b+mC'D

:n{[ﬁ—ﬁ)+5+m(€—'(j‘“+ﬁ)

p ¢
- - - = = - - - L‘n lll
=nlc—a)+b+m|-b+a)=(m-n)a+(1-m)b+nc ' / :
ERSER W -
p— b e —t v 1 ‘\f III
Khido MN//BD'= MN =k.BD' X |~ M- '.ll
¥ {
- -
I m=3 MN 1 o Sl
Wi, A=W - o i J_,‘:\/‘l
I T 1 BD 3 e B
3 4 D

Vi du 5: Cho hinh hop ABCD.A'B'C’'D’. Goi I 1a giao diém cua hai duomg chéo cua hinh binh hanh

ABB'A' va K 1a giao diém cua hai dwdng chéo cuia hinh binh hanh BCC'A4. Biéu thj vecto BD theo 2 vecto
IK va C'B' tir d6 suy ra ba vecto BD, IK, C'B' ddng phéng.

Lo o
Ta co: ﬁzﬁ'+@z—ﬂ+(ﬁ—ﬁ) 4 D
-— *
=—C'B'+B'C'-2IK (vi AC=2IK) ' |
P, |
Suy ra BD=-2C'B'-2IK B | Lo |
\ |
Do d6 ba vecto BD, IK, C'B' dong phing. | S \ |
R 1 *D
II' . | K

c
Vi du 6: Trong khong gian cho tam gidc ABC. Chig minh ring néu c6 mot diem O trong khong gian sao
cho OM = xO4 + yOB +z0C, déng thdi, x+ y+z =1 thi diém M thude mat phing (ABC).
Loi giai

Ta co: OM = xOA+ yOB+z0C < (x+ y+2z)OM = xOA + yOB + zOC
& xMA+ yMB+:zMC =0

Néu x=0=>& ym +zMC=0= M, B, C thang hing nén 4, B, C, Mdfﬁng phang

ueLIVEWORKSHEETS




Néu x# 0= MA=_2MB-2MC = 4, B, C, M ddng phing.

X X

Vi du 7: Cho tir dién ABCD. Goi P va P lan luot la trung diém cua cac canh AB va CD. Trén cac canh AB
) A T AM BN ’ g o el (e
va CD ldn luot 1dy cac diém M, N sao cho —:E:kt‘k > 0). Ching minh rang 3 vecto PQ, PM ,

PN dong phing
Loi gidai
N (T ([ P R T
E - T - g 0 = -_!
Ta co: PQ-Z(P(. +PD)-2[(A " 4P)+(BD BP)J 4
7
Ly PR — r— AN AN » ] I_
= [4C+BD~(4P+BP)] =2 4112 1
2 2 k AN
‘.\‘\. ‘-\'\_ '\.
. [AE=TPEER ., s 1 s s LSRR S O o
Laico:<_~ _ _ nén P :—(PM+PN) 5 [
BN =BP + PN 2k N2 Sy A

(Do AP+BP=0)
Do d6 PO = ﬁ(?@? +PN) = M, N, P, Q déng phing
Dang 2: Tinh dj dai doan thiing, géc giira hai vecto, chimg minh 2 dwdng thing vudng géc
Phuong phap giai:
e D& tinh do dai doan thing 4B ta sir dung cong thirc: AB = |E\ —\AB’ , dé tinh d6 dai vecto # ta

str dung cong thirc |ﬁ| =vu

e Dé tinh goc giira 2 vecto ta sir dung cong thic: cos(;z;i;) = fib_,l
al.|b

Pé chimg minh 2 duong thing AB va CD vudng goc voi nhau ta chirmg minh: ABCD=0

Vi du 1: Cho hinh chép S.ABC ¢6 SA = SB = SC = AB = AC = a vi BC =a\J2. Tinh géc giita hai
vecto AB va SC.

Lavi gidi s
Do SB = SC = a; BC =a~/2 = ASBC vudng cén tai S.
Lay diém S 1am diém gdc ta phan tich: AB =SB~ SA 3
Ta.cé: 4B.SC = (SB - 54)SC = SB.SC - SASC /|
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2
a
=a’.c0s90° —a’.cos60° = ——

ABSC ) 1

Do doé CUS(E;"SE)zABSC: 5
; a.a

(E;E): 120°

Vidu 2: Cho tir dién ABCD.
a) Chimg minh ring: AB.CD+ AC.DB+ AD.BC =0
b) Tir dang thirc trén hay suy ra néu tr dién ABCD c¢6 AB L CD va AC L DB thi AD L BC

Léi gidi
a) Lay diém A lam diém goc.

.l
Tacé: ABCD+ AC.DB+ AD.BC N
E.(E—R‘FE(E—E%E(E—E):O i 1

b) Do AB.CD+ AC.DB+ AD.BC =0 % e

... [4BLCD (4BCD=0 —— NS
Mat khac: e = AD.BC =0 C
C L DB

AC.DB=0
Do d6 AD L BC

Vi du 3: Cho tir dién ABCD c6 AB = AC = AD va goc BAC = 60°, goc BAD = 60°, goc CAD = 90°.
Chirng minh ring;

a) ABL1CD

b) Néu /v Jlan lugt 1a trung diém cua AB va CD thi LJ 1 AB

Loi giai
a) Lay diém 4 1 diém gdc ta co AB.CD = E(E—A_-C)
= AB.AD— AB.AC = a’ cos 60° —a’ cos60° =0= 4B | CD V4
b) Taco: 1 =(TA+ A7) =~ B+ (4C-+ D) ;

Do d6 17.4B = (~AB + AC + AD).AB |

|
§ 0 e ey & s !
I_E(_ B + AC AR+ AD.AB) C

_ _%(_”2 +a* cos60° + & cosﬁﬂ“]x 0= 1J L AB

ueLIVEWORKSHEETS



Vi du 4: Cho hinh chop S.ABC c¢6 SA = SB = SC va ASB = BSC = CSA. Chimg minh rang S4 1 BC,

SB1 AC va SC L AB

Loi giai
Giasir ASB=BSC=CSA=avaSA=8B=5C=a
Liy diém S 1am diém gdc ta c6: SA.BC = ﬁ(ﬁ—ﬁ)
= SA.SC - SA.SB = a* cosa —a’ coso = 0
Tuong tu chirng minh trén ta cting c6 SB L AC va SC 1 AB

Vi du 5: Cho tir dién ABCD. Goi P va O lan lugt 13 trung diém cua AB
AB L BD . Chirng minh réng AB va PQ vuong goc voi nhau.

va CD. Biét ring AB | AC,

Loi gidi

Ta co: A‘BJ.AC,ABJ.BD:?{

SES
3| ﬁl

0
0
Lai c6: PO =PA+ AQ = ——AB+1(AC+AD)

Do ds ABPQ~ 18| -1 78 +3(4C-+ D)

i
=£+ABAD AB(AD AB):E_E{S:(}
2 2 2 2

Do do AB L PO

o

| .
\

T
"0

Bd—-———————\:-——- -

|
o/
J
54

Vi du 6: Trong khong gian cho 2 vecto a vi b tao v&i nhau mot gbe 120°. Biét ring |5‘ =3 va |51 =

Tinh ‘54—5'\;& |5—B|

Loi gidi

=(a+8) =a +2ab+b =|df

Ta co: ‘

Do d6 |5+5'=JE

Lai co: | -

Do d6 |&—B|=

al.|b cos(&;?a)+]§| =3 +23.5.c05120° +5> =19

= [3—5)2 =a -2ab+b =|.s43'|2 —215|.‘5|cos[&;5)+‘5'=32 -2.3.5.c05120° +5% =49
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Vi du 7: Cho hinh lap phuong ABCD.A'B'C'D". Tinh goc giira hai vecto AC va DA".

Loi giai Az -
Tacoé: AC=AB+ AD va DA'= DA+ DD'=-AD+ A4 /s 7/
Pat AB=a= AC=a2 = DA’ (R,
s (e ekl e e B : i
Mt khic AC'DA'=(A4B+A4D)(-AD'+ 44")=-4D" = -’ . P
3 o " - EE—— o
Suy ra cos(AC;DA') = = :—lzs(Ac;DA')?lzo‘* A
2a 2 ,
B C
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BAI TAP TU LUYEN
Cau 1: Cho ba vecto a, b, ¢ khéng dong phang.
Xét cdc vecto x=2a—b, y=—4a+2b; z=-3b-2¢. Chon khing dinh ding?
A. Hai vecto y, z cliing phuong. B. Hai vecto x, y clng phuong,
C. Hai vecto x,z cung phuong. D. Ba vecto x, ; Edéng phing.

Ciu 2: Cho ba vecto a,b, ¢ khong dong phing. Xét céc vecto }:25+5,}::}—5$E=—35—25. Chon

khang dinh diing?
A. Ba vecto x, :1_}, z dé-ng phing. B. Hai vecto x,a cung phuong.
C. Hai vecto x,b cung phuong. D. Ba vecio x, 5,:. z d6i mot ciing phuong.

Ciu 3: Cho hinh lang try tam gidc ABC.ABC,. Dat A4 =a,AB=h,AC =c¢,BC =d , trong céc ding thirc
sau, dang thie nio ding?

A.a+b+c+d=0 B.at+b+c=d C.b-c+d=0 D.a=b+c

Ciu 4: Cho hinh hop ABCD.A B,C\D,. Trong cic khang dinh sau, khang dinh nio sai?

A. AC,+AC=24AC  B. AC,+CA +2CC,=0 C. AC,+AC=244  D.CA+AC=CC,

Ciu 5: Hiy chon ménh dé dung trong céc ménh dé sau day:

A. Tt gidc ABCD 14 hinh binh hanh néu AB+ BC +CD+ DA=0

B. T gidc ABCD 14 hinh binh hénh néu 4B =CD

C. Cho hinh chop S.ABCD. Néu ¢b SB+ SD = SA+ SC thi tir giac ABCD la hinh hinh hanh

D. Ti gidc ABCD 1a hinh binh hanh néu AB + AC = AD

Ciu 6: Trong khong gian cho diém O va bon diém 4, B, ¢, D khong thang hang. Piéu kién can va du dé 4,

B, €, D tao thanh hinh binh hanh la:
— 1= — 1= — l— — 11—
A. OA+EOB=OC+EOD B. OA+EOC=OB+EOD

C. 0O4+0C =0B+0D D. OA+OC+0OB+0D=0
Ciu 7: Cho tir dién ABCD. Trén cic canh AD va BC lan lugt l1dy M, N sao cho AM = 3MD, BN = 3NC. Goi
P, O lan lugt 1a trung diém clia AD va BC. Trong cac khang dinh sau, khiang dinh nao sai?

A. Céc vecto BD, AC,MN khéong dong phang. B. Cic vecto MN, DC, PQ dong phang.
C. Cac vecto AB,DC, PO ddng phing. D. Céc vecto AB, DC,MN ddng phing.

Céu 8: Cho tir dién 4BCD c6 cac canh déu bang ¢. Hay chi ra ménh dé sai trong cac ménh dé sau day:

2
A. AD+CD+BC+DA=0 B. B.AC:%
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C. AC.AD=AC.CD D. AB L CD > AB.CD =0
Céu 9: Trong cac ménh dé sau ddy, ménh dé nao ding?

A.TU 4B =34C tasuyra BA=-3CA

B. Néu AB = %EE thi B 14 trung diém doan AC.

C. Vi AB =-2AC + 54D nén bén diém 4, B, C, D déng phing

D. Tir AB =-3A4C ta suy BC =24C

Céu 10: Cho tir dién 4BCD. Goi M, N lan lugt 14 trung diém cua 4B, CD va G la trung diém ctia MN. Trong
cac khang dinh sau, khing dinh nao sai?

A. MA+MB+MC + MD = 4MG B. GA+GB+GC =GD

C. GA+GB+GC+GD=0 D. GM +GN =0

Ciu 11: Cho hinh chép $.4BCD c6 diy la hinh binh hanh tim O. Goi G la diém thoa min:
GS +GA+GB + GC +GD = (). Trong céc khing dinh sau, khing dinh nao ding?

A. G, S, O khéng thiang hang. B. GS =40G

C. GS=50G D. GS =30G

Ciu 12: Cho lang try tam giac ABC.A'B'C" ¢co AAd'=a,AB=b,AC =c. Hay phan tich (biéu thi) vecto BC'
qua cac vecto a,b,c

A. BC'=a+b—c B. BC'=—a+b—c C. BC'=-a-b+c D. BC'=a-b+c

Ciu 13: Cho tir dién ABCD. Goi M va N lan luot 1a trung diém cia 4B va CD. Tim gia tri cta k thich hop
dién vao dang thirc vecto: MN = R[E+E)

A.kzl B.k:l C: k=3 D. k=2
2 3

Ciu 14: Cho lang try tam gidc ABC.A'B'C' ¢ AA'=a,AB=b,AC =¢. Hay phan tich (biéu thi) vecto
B'C qua céc vecto &b, C

A. B'C=a+b-c B. B'C=-a+b+c C.B'C=a+b+c D. B'C=-a-b+c

Ciu 15: Cho hinh chép S.4BCD. Goi O 1a giao diém ctia AC va BD. Trong cac khang dinh sau, khing dinh
nao sai?

A.Néu S4+ SB+25C +28D =650 thi ABCD la hinh thang

B. Néu ABCD 1a hinh binh hanh thi SA+ SB+ SC + SD =450

C. Néu ABCD 14 hinh thang thi SA+ SB+25C + 25D = 650

D. Néu SA+ SB+SC+SD =450 thi ABCD 14 hinh binh hanh.
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Ciu 16: Cho hinh hdop ABCD.A'B'C'D' ¢b tam 0. Pit AB=a,BC=b. M la diém xdc dinh boi
OM = %(r} —b) Khing dinh nio sau day diing?

A. M la trung diém BB’ B. M 1a tim hinh binh hanh BCC'B’

C. M la tam hinh binh hanh ABB 4’ D. M 14 trung diém CC’

Cau 17: Goi M, N lan lugt 14 trung diém cua cac canh AC va BD cua tir dién ABCD. Goi I 1a trung diém
doan MN va P 1a 1 diém bat ky trong khong gian. Tim gi4 tri cua & thich hop dién vao ding thirc vecto:
ﬁ:k(ﬁﬁ+ﬁé+£_’€'+ﬁﬁ)

A k=4 B.k:l C.k:L D. k=2
2 4

Ciu 18: Cho hinh hop ABCD.A B,C,D,. Chon ding thirc sai?

A. BC+BA=BC, +B4, B. AD+D,C, +D,A =DC
C. BC+Bi+ BB = BD, D. Bi+ DD, + BD, = BC
Ciu 19: Cho tir dién ABCD. Goi P, O la trung diém ctia 4B va CD. Chon khing dinh ding?
R e e A Y e g == pat o T T
A.PQ=—(BC+4D) B.PQ=—(BC+4D) C.PQ=—~(BC-4D) D.PQ=BC+AD
4 2 2
Ciu 20: Cho t& dién ABCD. Goi M va P lin luot Ia trung diém cua 4B va CD. Pit

AB=b,AC = ¢, AD = d . Khing dinh nao sau diy ding?

E+E+3) B.FPz%(3+E—B) C. P:E(c+b—d) D. MP E(c—i—c_z;—f))
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LOT GIAI BAI TAP TU LUYEN

Céu 1: Taco: y= —2(25 —5) =-2x dodd 2 vecto x, ; cung phuong. Chon B.
Ciu 2: Ta co: }=2&+5=2[5—5—2)—(—3B—2E]=2}—£

Do vy 3 vecto X, ;, z dfjng phiang. Chon A.

Ciéu 3: Ta co 5—E+E=E—A_E+B_{;=E§+B~(}=6‘Chqnc.
Ciu 4: Ta co: A—Q+A—C:A—4+AI—C+A,—C=A—A,+2;‘I,—C

Mt khac 4,C =0 do do ding thirc & cau C sai. Chon C.
Ciu 5: Tac6: SB+8D=SA+8C < SB—SA=5C—-SD < AB =DC

Do d6é ABCD la hinh binh hanh. Chgn C.

Céau 6: 4, B, C, D tao thanh hinh binh hanh

& AB=DC <> AO+0B=DO+0C < OB—DO=0C—- A0 < OB+0D =0C + OA. Chon C.

Céu 7: Cic vecto AB, DC, PO khong dong phing nén C sai. Chon C.

Céu 8: Taco AD#CD = AC.AD # AC.CD. Chon C.

Chu 9: Vi AB=-2A4C+5A4D nénbdn diém 4, B, C, D khong dong phiang. Chon C.

Ciu 10: Do G la trung diém cuia MN nén GA+GB+GC+GD=0
:(M—EF(@—WF(W—E%[E—W)=U<:>m+m+M—C+m=4m.Chl;m A.
CAu 11: GS+GA+GB+GC+GD =0« GS+2G0 =2G0 =0« GS =4GO . Chon B,

—_— — — —

e e e e

— JIN =~ (AC + CB) + 1 (CB+ BD)+ AC =1 (AC + BD) — MN =k (AC+ BD) ¢ k =+ Chon D.
2 2 2 2

Ciul4: BC=B'C'+C'C=BC-CC'=BA+AC-CC'=-AA'- AB+ AC =—a—b+c . Chen D.
Ciu 15: Dya véo cac dap an, ta co cac nhan xét sau:
: SA+SC =250
e ABCD la hinh binh hanh thi @ la trung diém cua AC va BD, khido <
SB+S8D =280
— SA+ 5B+ SC+SD =480 va diéu ngugc lai luén dung,
e Tuong tu, SA+SB+25SC+2SD =650 thi ABCD 14 hinh thang va diéu nguoc lai khong
dung. Chon C.
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Ciu 16: Ta c6 ~(d—b) = (4B - BC) =~ (4B + CB) =~ (BA+ BC) =~ BD =~ DB
2 2 2 2 2 2
| | OM //BD
Mat khic OM =—(a~b)=> OM =—DB = | . Ma O la trung diém cta DB’ suy ra M I trung
2 2 OM =—BD

diém cua BB Chon A.

Cau 17: Vi /14 trung diém ctia MN = IM + IN =0

Tacé PA+PB+PC+PD=4P[+IA+IB+IC =4P[ +2IM +2IN =4P]

Khi do 4ﬁ=ﬁ]+ﬁ§+?€+ﬁ5aﬁ:k(ﬁ2+ﬁ+ﬁé+ﬁﬁ):k:%. Chon C.
Ciu 18: Dua vao déap 4n, ta c6 cac nhdn x¢ét sau:

e BC+BA=BC +BA4

e BC+BA+BB =BD+BB, =BB +BD, =BD,
o BA+DD,+BD, =BA+ AA, + BD, = BA, + BD,
Chon D.

AB+ BC +

Cﬁu19:TacéFQ=,TC+FQ=ﬁ+R'+%@=% %C
i T e v e ooy Yoo T s Vo T § e n
:>PQ:—(AD+DB)+BC+—[CB+BD)z—AD——BD+BC——BC+—BD=—(AD+BC)
2 2 2 2 2 2 2
Chon B

Ciu 20: Ta 06 MP = AP AM = (AC+ AD) -3 AB=(c+d~5). Chon D.

b | —
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